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MA 509 - REAL ANALYSTS -~ [ECTURE (6

Thm.2.2f Tp -‘{Rd'} ‘s a collect'on of Qoquc‘b—
subsets Of a mebric sPo«cQSLLck that +he (ntexgec-
tion of trevy £inibe aubeolle ction of {Kd} 18 non~
cnpty, then N\ Ky s nor\-cmP{—d ,

P‘rooFL:' Fix a mMemnbere (<, of +the collectron ‘[/(,,(}
and et Go('=-k:—'

Suppost (\Kq'—‘—cﬁ, that means +Hrexe isn'b
a Single point lying in R forr all .

Without toss of genexall , Aassume Hha b—
no Pol'h'l'; of K, lies f'r\{ko(j . Then thabt means

K' < E(JGoz ) that 15,

’(Gd’} foren an open Covex of~ I<,. Since K, ie
compactd , I £initely many indices &, o, .-, &n
2 <, c Ln) Gd(t.{ J 77

ts

Then RIQKQ'GD({>C=$A7

(€. K,O\‘\d’ﬂkdz(\n—ﬂkqn =CP;
which e & contradresten to oux (\jf)oth%\“é-

= QO Kgdpb. K



Cox. 2:292 LE -SKn’} 18 a Sequence oF non-emp
compact &eks such that K,\DK,\,H , N& N . Then

A kn %,
Q)

N~
22 )

Thm. 2.2 T£ E je an Infnibe cubget oF- a Com'{bacci;-
set I, then E has a lim't point in K.

Proof Ouppose no point of K wese a [imit point
of E then each qe has a nbhd '\/q/ associabed
with 4 e b \7q’m_E~_ ¢ o 9% .

Then no £inite subcoliect'on o@{\/c,;)'; covexte E,
ond so also K Csfr\ce_ Eck )

But K ’'é c,ompoxc{—, ’\cf\C‘Q conbtrsadlethio n,
= E hae a |imib Po;r\-b- n K
[



