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2) (a) Eo is always open .

Pref : Let KEE
,
that is x is interior

point of Eo .

Claim see#5 .

Now by defn ; F nbhd Ny (x) with r>of
Ny Csg, C E .

Let y # x be a point of Nrem so that
Osd en

, y) - r .

Now Let h' = V - den , y ) - o .

Let 2- be any point s - t. dcy , a) ch .

Then den , z) s den , y) + dey >Z)

E glenny) tf -den ,y) }
Hence Z E Nex) CE .

So I nbhd Nh Cy) of y 7 Nancy ) C E .

⇒ YE Eo .

Thus
,
given KEE

, any pointy with dcnsykr
lies in Eo

.

Hence XE OH , i -e - every pt - of Eo is an
interior pls . of Eo .

⇒ Eo is open .

⑤ ' '

⇒
"
E is open . Thus every point of E is

an interior point of E . ⇒ ECEO
But EEE

⇒ Eo = E .

"
⇐
"

Suppose E. = E . Thus every pt . of E
is an interior got . of E ⇒ E is open .



⑤ GCE and G is open .

Note that go = G C by part Cb ) ) .
But Go CEO
Hence a CEO .

⑨ To show Eoc = ET
Proof : By ⑤

,

Eo is the largest open set
contained in E -

⇒ Ed = Q Fa , Fa closed t Fa DEC

= ET .

② No .

Consider F- = in metric space IR .

Any nbhd of x EQ will intersect in Rl .

⇒ No pt . of E is an interior pt . of E .
⇒ Eo = 4
But E = IR & E

'

= IR .

⑦ No
.

Again take F- = in m - s . 172 .

E -- R
,
and ET = 9=4 .

You can also take E to be a finite
set in R .


